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MEPO' A-

An6 Trq '15 epqrrrloElq vq arqwiosr€ qrrs 12.
KqgE rpcbrnol gogpolov€irqr p€ 5 govq6ei.

No unoloyiosre ro [6 ouvxax. = if .2

Nq gp€ir€ rrooor rivqr or qv<rypqpparouoi nlq AfEriS ArrNA. (t fol

Aiv€rqr n tM€tqrq 
* 

-h =, . Nq PpEiT€ rrs ouwErsyuav€E rr,-lv Kopug6v.
nS-o^u-1€-rqypivEg lrJv Eofld)v,_rnv eKK€wporrlrq Kqt Ttq €Erod)oerg r(l)v
or€uu€Touo@v Tnc. . /, o

i-{i',,-ii', lll,," t l,'ll:', E = D/B d,i i{!
a(1, '"1 A'(- i , . , t  t f  i ) 'c t2'

:ro qvri"nruypq rou 
lx-l 

vo FCeire ro ouweieorrl rou x2.

( s . ) a u  u ^  x + 4 ! o x = q , . e .
\:7 

"' ::d ",_ u*-J 
vu pu€ir€ rnv npn to" " 

.>

7

lo Fl_eire-1o o_uvnuirovo rng yt,)wqs g r{,rv 6lqwoudT@v
s =  Z t  + 2 1 - k  K o  B = 3 i . r 4 i .

5g:,:!:1."1'tgen urs no,\qrrlS oe ;:ro erorpeio p€ rrt ouugurvio vo nqipvrrpqorKo Epoopqoroio l'ltqg6 e60 Kq| cmnlEov rrpoprlo€td Eni Tov fiuJ^noEtl)V (l)S
€€rlE: <yrq nE rrpc0-r€E €120 vo pnv nqipver npol.r4deic evdr yro ,o u-roio,"o
rrooo n€pqv r@v 1120 vs nqipvtt npopieego ljyo>.
Nq urroloyioer€ ro ouvo,\rr6 plog6 Tou yto pro €p6opd6o Kqrd rnv onotq olrtanpdqrrs an6 nS rrc,rl4s€tq lrav e880. 
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No pp€ir€ rov rrivdKo A . B-r .

9. H ouvdprrlorl

EIdXrmn rrprl

^  ( 2  1 \
K q l  E = l  l .

\ 5  3 /
/ - j  ' t '  |
t - i 7 ' 7 /

y = f(x) €nqiq6€{€r rq 6rogoprrrl e(iocooq !Y = 2r - 4 Kqr 6xsl
No pp€ir€ rnv €Eiouron rn5. 

/i, I = o 2_ Ir' t-4.

1



MAOHMAT]KA '2,3 A':EIPA roYNto :1999
2
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Nq gp€ir€ ro qgporopa fa" . = I [ 5
:t:

r 1  ̂ l
t -  u  l

'l'1. O nivqKqq T=l 3 , I opi(er gcruolqpcnopo 9.
l o  - l
\ 2 )

(q) No pp€iT€ Trlv srxovc rqg dMerqiqg * r* =a olo peTqoxnuqropo q.
l z l Y z - '

(B) Nq €erlyrlosr€ n oxqgo eivor q errovo ounl ror vo xopere rn ypoqrKn Tqg
nqpdqroorl.

1
3

(l) r ro ro *arxap€vq A Kq, B ev6g 6€ryparKo0 Xdrpou, bivowsr or rrroqv6rnrsg

e(a'n ' ;=9,  te)=;  xcr  e(ern)=j .

Nq gpeirs flS mgov6rrlreE rujv ev6Exopriv(,)

f :No pq oupB€i Kqv6vq cnr6 rq EV6rX6pwo A Kor g- 9la

A : No Un ouppsi To A. 5n

E : Nq ouppsi rouldxrcrov ro 6vd cnr6 rs EVOEX6pEVo A Kqr B. t//7

No pp€ire rrlv €4ioojoq rou r0x,\ou Trou n€pvd on6 To onldo A(-1, 2), 6Xer ro
Kewpo rou orqv €ugeiq x=-3y ror rEpver opOoyrirvrq rov xtKio
x ' + V ' + 8 x + 1 0 v  l " 9  =  0 .  ,  )z '  t 7  - * 6 ) t - ) Y  

t  5 : o

6}<ono,uo'o,awqs 
rnv o-,Kqrq'rqoq 1= qpj:-;. e < o, vc Bp€he ro

._t;=
oAoK inpo rpq  J1 ; t "  

- 1  : x<0 .
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(q) No gpsire ro nE6io oprouo0, rq oqlrds roUns pe rous d€ov€g r@v
ouwrrcypiv(l)v, rs dKp6rcrq, ng qolpm(ljr€S Kot vd Kdper8T4 ypqetKn
Tqs napqordoq.

(p) To X@pio nou neprKiEicrqr p€rqqo rns Kolni^Ig, rou dqovq r(,Jv x Kol
rnE.euosiss x = s+1, q>0 €1er eppo66v E=2T.p. Nq pp€irE rqv
TrPqrou q 

u= (T:7

Aivflor q urr€pFoin ry = 36 Kqtro orlpeio p(9, 4) surns. H EgqrEopEvn rls
urr€ppo^rlE mo on!€io p rdpvs rov 6covo Ox oro orlpiio tt1o,01. 

'

(q) Nq ppEir€ rqv €tiooorl rqg egcnnopavrlg rnS unsppotuig oro onuEio p.

(p) Nq Fp€ire rrlv np( rou q. V. -- | g

(Y) To Xopio rrou rrrprKl€i€Tqt crn6 Tqv un€ppolrl, To €ugiypdptto rprlpo pN
Kdr rrlv eugeio x = q, srp€e€Tqt nirtp(ljs V6p(-l) on6 Tov o(ovo n_rv x. No
ppril€ rov 6yKo Tou orepeorl nou nop6yero, g+if fy
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Eivql o 6yKoE rou r6vou xor E1
o 6yrog qg ogqipqs Kqr Ez
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:eqipq €ivqt €yysypqppdvn qr Kci,vo. Av Vj
eppq66v qg olrKrlq rou enrqdveroE, V2
eppq66v rqg enreqv€rqq rn<, vq 6eiq€rE oT|:

v  _ E ,
v, E,

TO
TO

MEPOf, B'

An6 ng 6 €p@rnoers vq crllqwioar€ qrlS 4.
K6ee Ep6rrlorl Bqgpoloy€irqr p€ 10 povd6€6.

1. Aivsror q 6toeoprKrt €Eio@orl
,l2u lt!,: _ l + 3 : l + 2 v = 0
clx' dx

(a) Nq gpEh€ rrl y€vrKi rnS ioorl.
(B) Ns_Fpeire rnv sdtKrt ^Uorl rqs 6roqoprKns €€ioi,rols, rrlE orroio( To

qv(Irnuypq Kqrd Maclaurin (pdxpt Kqr Tov 6po nou nepreXer x2; eivor

v=2 -3x+9x2 . ,' 2
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(€) Trl 6nvuolonK4 qKrivq
€ueuypqupou lJrlpqrog
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4. No Bpeire:

(q) Mtq 6svuopolKi sEioororl (fi4 popgi i.n = d) rou ErrnrEdou rrou nepvd
qrro rq qrtp€iq A(t .  o.  o),  r lo ] ,ol  "o,  r [0.0.] l  .

\  Z J  \  J , /
(B) M|q 6qvuopcnrxd e{iouro4 rrlg eugeiqq (€) rrou rrspvq cr,]6 Trlv opxi O

r@v q€6v('v Kqt eivqt KdoETrl qro EninEdo ABf.

(y) Trl 6|avuoUolK4 q(Tivo rou ixvoug A rqE eue€iqg (€) ndvo mo €rrirr€do
ABT.

(6) To 6nu60vowo ouvnpirovq rnE rue€ios OA,

OE rou onp€iou E rrdvqJ qrnv fpo€Krqo.n ]ou
OA ro orroio 6rqtpsi ro OA eEorr€ptKd ss ̂ 6yo

(qr) Tov 6yKo rou rErpq€6pou ABTE- ..--,,

n6v(l) o' eva rparT6<t undpxouv 5 emofolEg ot orroisg oTr�uglvowdt o€ 5
6rqeopcnKd Trp6so.mq Kqt ot qwiqrotxot e6Kelot p€ nt 6reu€0voetg rov 5
rrpoqd)rr@v. Av oe Kde€ qdKs.Ao rotrogErrlooupE ptq eTrrcrotrri ruXoio, vc Bpeire
tqv nr0ov6rqro ruJv Ev6txott€v@v:

A: M6vo 2 qn6 rrg srnoroldE vq prrouv fio 6tK6 rous edK€io. l/{

B:TouAdxrfiov 3 an6 rq smorol€g vc pnouv oro 6rK6 r oug,gaxe],o. if l12O .

.-:-)

/A. ,/tiveTcir n roprni,\q y = x2 - 1, ro oqpeio A(0, 1) Kqr p(x, y) p€rqg nr6 orlp€io
\__--z Tqs KqpTTuArlE.

(d) Ns Fp€ir€ ng ouw€Tqypav€( rslv orlp€i@v p1 rcr p2 rqg roprrlAqg yro ro
orroic rl Crlldqrqqr] nP vivETqr €,\qxro-n Kqr vq deiqerE 6n n E^qxtcnn qur4

t; / /'., I t' /3. I
qnooroon eivor ion ue la /- / j' ir I / ltl, )/- I

I  
' T " / L J  (  / z t  r : /

(F) ME K€wpo ro onp€io n(0, 1) ror orrivo p = 4 ypaqorp, KUKio (K)
z

rrou r6uvt| ro e€lK6 rlurdqovq rsjv y oro orlpeio F. An6 ro orlpsio f
e€pvoup€ €uerio (s) rrqpdMnlrl npoq rov d{ovo ro.w x ror ovopd(oupe
O ro X@pio rrou fieplK^€iErqr crT6 rrlv KoymlAq y =;2- 1 Kqtrrlv €ugEiq
(e). To Xulpio O orpierrqt Kqrd rr qKrivrd yrlpt,r cmo rov dEovq rlv y.
Nd Pp€irs rov oVKo V Tou crEp€o0 nou rrqpdyErql qn6 To p€pos rou

Xopiou Q rrou ppioKErqt a6ur crno rov K6KIo (K).
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