
YNOYPTEIO NAIAEIAE KAI NONITITMOY
AIEYOYNIH ANOTEPHI KAI ANOTATH: EKNAIAEY'H:

YNHPE'IA E=ETAEEON

E=ETAEEI:
rIA TA ANOTEPA KAI ANOTATA EKNAIAEYTIKA IAPYMATA

Mqgnuq: MAOHMATIKA 8
Hpepopnvio Kqr 6po e€erqo4g: TErdprn,4 lou^iou 2001

7.30 rr.!. - 10.30 rr.!.

To 60Kipro qrror€kirqr qrr6 rpErS (3) q€Ai6€9.

Nq AioErE 6A€E rtg qoK4o€rE.
Krioe prc o116 rrg 10 corfoerE rou papouE A pqouoloyeircrr pe 5 yovri6rE xcr
Krio€ pra o116 nS 5 qoK4osrS rou pipous B Pqopo^oy€irqt p€ 10 povd6€g.

MEPOE A

E[o6q oE oEVr 50 62 70 85
Ao€u6c uqgn16v 2 5 4 1 2 6

'1. H Kqprri^4 p€ €Eio(,on y =ed +x + B dxrr qKporqro ro orllEioA(0,3). Nq
BpeiT€ Td q Kor 9. a.-_-t ,4--S/

2. Nq Bp€ir€ rov opo Tov qvE|dpTqro rou x cro ovorrruy;ro -, (r"rJ')' Etu2

3. O Trro Kdro nivqKog Trspouotd<Errq rlpEprlon Eeo6o oe o€vr rcrrv pooqrd-rv rou
rprlporog 41 ev6q fupvooiou.

No Bpeire rq pdon 1!rl Kor rnv rulTlKn qrroKlron iurv rlpepqorov e{o6r,rv.
: . ; - . .  -  . - ^ ^ , Z
x - b) 6'-14,16///

4. To Xopio nou rreprKl€i€ror qrrd flS Kqprrl^€E uE €6ro6oerg y = qpx, y = ouvx,

xe | 0,; I xor rov rlpro{ovo Oy, qrpdg€rqr n^4prl qrpogi yrp(l) €mo rov d€ovq
L  z )

Tsrv x. Nq urroloyis€T€ Tov oyKo Tou oltpeoi nou rropdyerot. 
* * .V

5. M€rqE! 10 pqenTcirv or TeooepErg dxouv ro i6ro qvdqrrlpo Kot ol urr6^o|1rol
6rogop€rK6. Ns gprir€:

(s) Me n6oous Tp6nou( propo0p€ vq €r ,ifoupe 6do pqelres ps ro i6ro
svqornuo. 6 ////

(p) T4v rrleqv6rnro rou ev6eXopEvou E: (vo €rr eeouu€ d0o pqgqr6E rrou vo
exouvdroeopETrKodvdorrlpoD. p(e)=!2,t/

r /5//
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6. Nq^io€r€Tnv€liocDort:  rolnp(x-i)-t"enu("- i)=l i -  tq

7. Nq 6€iE€rt ofl: A =

8.  A iverqr  roer i r re 'o(11) :2x-y+27+4=0 Kor  ro  or lp€ io  P(3,2,  -1) .  No pp€i r r
rqv Kqpreorovrl EqiqqJoq e]rt.r66ou (t) rrou Eivol rropd^I4^o npo( To €Tjrr€6o (n)
Kor qnEXEr eEioou qrro ro (n) Kor To P (Z) es,_y- +az a=OV/

9. H nupqpidq K.ABTA €XEr Bdon TerpqYovo ABTA pE rrltupd 4q Kqr KopuQrl K. H
qKpn KA €ivqr KdgErn qTl Pdorl ABIA Kql loo0rsl pe 3q. No Fp€iTE rov oYKo Kql
ro eppo6ov 1116 o,\rx1g Elrtgqvstoq rnE nupspi6qq ouvqprnoEl Tou q.

l= t6t// Fg= +to!// ,, ^
10. aiv€ror o ptrooxnpqTropog e rrou opi4Eror orTo Tov rrivqKq 4=[t 

0l 
^o' o,

u 1 /
EUeEiEq (El): 2x + y = 3 Ksi (e): x - 2y = -1.

(q) No ppEiT€ TrE €rKovES T(r)v EUeErdv (Er) Ko-t (e2) pdool rou Uerqqxrlpqrtqpo! I.
(€t) *-+9-- 3 kzl a\.e+-=t //

(B) Nq 6ei(ere 6-rr rl voviq T@v €uoEldjv (e1) Kqr (Ez) lootTqt pt 90" Kor vo
€EerdoETE Kcrq Tr6oo o perqqxrlpqrlolog rp 6tar4pei14 Y@viq rt.,)v 600
eug€rdrv qvoMoiuJrn.

(y) Nq Bp€ir€ r( Euoeieg rou srrrri6ou l|ou rrqpqpavouv qvqMoiojT€E paouj rou
ptTqqxrlpqrropou q. A,= O- //

MEPOE B

1 . Aiv€Tol rl Kqprr0^n pe EEioooil t = 2v + 1+ --= '

iai Nc Apeire ro ne6io opropor!, rq oKporqrq Kol rrg osrprnon€g 1116 Kqpn0lqE

/ xot orrl ouvdxeto vo xouere rr1 YpoQlKrl Trlg rropdfiqon

(B) Nq 6ei[ere orr rq oKpdrqro Kdt ro orlp€io Tognq Tuiv souprrldrT(l)v Tr]g | / /' xopn'jir1E eivor ouveu€eurq. .m,, Alof) 'x.-< f,L-art) Tt-,il ///,/

(y) Nc unolovioErE ro Eppo66v rou Xcupiou ]Iou rrgptKi€i€rqrqrr6 Trlv Kopnt^l
Kqr rnv euedo v--4 8- t].- e,!n//

x + q  P  y  6
o  x + B  y  6
q  I  x + y  6
o  P  y  x + 6

= x - ( x + q + p + Y + O . / .
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'' 2. Aiverqr rl rropoBol{ l=" *o, o rrlx,\oq f + f = qa+ s2' q+O 'Eoro P onlEio
ropn! r(l)v 6!0 Kqprru^6v H aQqrn6p€vq rrlq nqpqpoins qro orlp€io P.rtpv€l
rov iiovo yy cno o4peio A xor 4 eqqrn6pEvrl rou K0KIou sro oqpEio P r6pvEr rov

d{ovc x'x mo oqPeio B.

(q) AvM€ivor ro paoo rou Eue0Ypouljou rpipqros A-8, vo 9psir€ rnv EqioQon
TnE Kgpmiins rrqvuj orrlv olToi.l KIv.iT'J! to M' Kqg6g ro q p€rqpoiittql oro
R - {0}. ,'::'( 2tt'l-'cl - 

*"1/
tpl lio ir1errc ot, 4 Ysrviq APB sivqr qugi€iq u7 (a?f /: -'- 

''//

'  3. H KopuQ4 opooii KUKilKou

K6vou ix€r eciouron (s):

Kcfvou €ivql ro qnpEio P (4, O.2) Kql o oqovoS rou
x-2 =1-v =3.  Av ro  onpeio A (9,  '1 ,  2)  ovr lxer

2 2
c'rrlv rrEpreip€tq rng pcioqg rou K6vou, vo Bp€irE:

ipj rnu xqpreb'qvn Eliquron rou Errflradou rrlq pooqq rou rtivou a1--

(6) To EuBq6ov rnq oNKrlq ErrrQqvElq6 lou Kurvou

qrtu$7j/q('r'Z
,y

J 4 . aiu.roln o,oqop,^i eliot'roq 9I=s-v +x-1 x'0 (1)

{o) Nd 6ei€Er€ orl n qvrlKqrqqrool y = Inu orrou u ouvqprrlorl rou x
' ' 

perooXrlpori(er rrl orqgoprKn EqioQon (1) orrl drqgoprKrl EEiouron

x _ = u + x .
dx

(B) :Tn ouvexErq vq ppEirE Tqv ErorKi A0on rng (1) ctrq pop9n y =,f(x) Yts rrlv' ' '  
J""i l tr l l  v= 1orqvx= t 

3=,-Ln(^.!n^*"r)/ r,t"

5. Tlo Kde€flprl rovm=2,3,4'..., gg(,)pnqre Tq onpEiqo'rou blqottipoTo< [1'2]'

n

Trou opi(ovrsr qrro rn qxeon qn = 26 , n = 0,1 " ', m Eofsl An ro pnKo<

Tou dtqoqporog [o" ' " " - , ]  '  n=0,1,  ,m-1 '

n 1

(q)  Na 6ei !€r€ orr  [ 'n=zn (2n-I ) ,  n=0'1 '  ' 'm-1 '

(9) Avf(x) =x'�, vq uIroIoYioET€ rnv Trurl rou qepoiopqros

""  "dx 
,  onou f ix ;  = l �(y) No 6tiEeTE 6Tr njll . = I '1^1

I E A I l J .

' .  - '  / ) ' l
(q) Tn 6rovuopqrKn Eqioororllrlg YevaT€rpqg AP Tou K.j,'lau . 

Y -:tt7L+{'lELrJ'/(q) Tn 6tovuopqrKn E<iooorllrlg YevErerpog Ar ruu Ktlvuu -- 
I

igi rnu xqoreb'qvn elioc,rorl rou cnrnidou rrlq pooqq rou rtivou ;L1-9 t92 t/=o //

iyi t,i ouureroyptvtg Tou Kavrpou K Tqq pqo4q Tou Kt,rvou L(b,-r')7/,,t//

p,^=lrlo^1t":_S[
a' i7' +/'

/7
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